Table GFL -1. Dimensionless eigenvalues for large cotime Green’s functions.

Number
X11
X12
X13
X21
X22

X23
X31
X32
X33

Eigenvalue, $,
mB m=1,2,...

(m-1/2)B,m=12,..

(m-1/2)B,m=12,..

H=0

& =mB m=1,2,..

Eigencondition

$;n COt($m) = -BiXL = -hXLL/k

$m tan($m) = BiXL = thL/k
$m CO'[($m) = —BiX() = —hxoL/k
$;,1 tan($,,) = Biyg = hol/k
tan($,,L)=M

d = ,Bm (Bixo + BiXL)
18}127 _BiXOBiXL



Table GFL -2A. Eigenfunctions for subroutine EIGFUN. Dimensionless x* and eigenvalues.
Large time Green’s functions.

Number Eigenfunction
X11 Exi(x",$,) =sin($x")
X12 EXIZ(X+,\$m) = SiIl($mX+)
X13 EXl3(X+,$m) = SiIl($mX+)
X21 Exo1(x",$,) = cos(&x")
X22 Exn(x',8,)=1form=0
Exzz(x+,$m) = COS($mX+), m= 1, 2, .
X23 Ex23(x",$,) = cos(8x")
X31 Ex31(x",$,) = sin[$,(1-x)]
X32 Ex3(x",$,) = cos[S(1-x)]
X33 Exs3(x",$,) =[$.cos($, x 1) + Biyy sin($,x /[ 8> + Bixs']"*

All these eigenfunctions have values between positive and negative one.

Table GFL -2B. Derivatives for eigenfunctions for subroutine EIGFUN. Dimensionless x* and
eigenvalues. Large time Green’s functions, x .

Number Derivative of eigenfunction
X11 MEx11(x",8)/Mx = cos(Bx ") &./L
X12 MEx12(x", 8)/Mx = cos(Bx ) $./L
X13 MEx13(x", &,)/Mx = cos(8x ) S,/L
X21 MEx21(x",8,)/Mx = -sin($,x ") $,/L
X22 MEx22(x",8,)/Mx =0 for m =0
MEx22(x", 8)/Mx = -sin($,x S/ L, m=1,2, ...
X23 MEx23(x",8,)/Mx = -sin($,x ") $,/L
X31 MEx31(x", )My = -cos[$(1-x")]8,/L
X32 MEx32(x",8,)/Mx = sin[ $,(1-x")] /L

X33 MEx33(x",&)Mx = [-8,sin($, x ) + Bixo cos($x (/L) [ 8, + Bix’]"



Table GFL - 3. Large cotime eigenfunctions evaluated at a boundary. Dimensionless x and
eigenvalues. For boundary conditions of the first kind at the evaluated boundary, -ME/MaN is
evaluated at the boundary.

Number
X11
X12
X13
X21
X22

X23
X31
X32
X33

Atx'N=0

—MEX“(O,$m)/MI’l+N: mB
MEx12(0,%,)/Mn " N= (2m-1)B/2
MEx13(0,8,)/Mn N=$,,
Ex21(0,%,) =1

EX22(0,$m) =]1form=0
EX22(0,$m) =1 fOI‘ m = 1, 2, ..
Ex23(0,%,) =1

Ex31(0,$m) = SlIl($m)
Ex32(0,$m) = COS($m)
Ex33(0,8,) = $, /(8. + Bix,"]"”

Atx'N=1

MEx11(L, )M N =mB(-1)"""

Exio(L,$,) = (-1)""

EX13(L:$m) = Sln($m)

MEx21 (L, & )M N =8, (-1)"""!

EX22(L,$,1) =]1form=0

EX22(L,$,1) = (-l)m for m = 1, 2, .

Eng(L,$m) = COS($m)

MEx31(L,$)Mn'N = $,

Ex3(L, %) =1

Ex33(L,$m) = [$mCOS($m)+Bl'X() Sll’l($m)]/
[$n2 +BiX02]1/2



Table GFL - 4. Dimensionless norms for large cotime Green’s functions.

Number Norm, Nyzy
X11 NX11 = 1/2
X12 NX12 =1/2
X13 Nxi3 = Ny/2
Bi
=14+ ——X
P BB
X21 NXZ] = 1/2
X22 Nyp=1form=0
Nyp=12 form=1,2,..
X23 Nxoz = Nyg/2
X31 NX31 = NX0/2
Bi
=1 +¢
T B i,
X32 Nx32 = Nyo/2
X33 Nx33 = NMxor/2
Pyor =1 Bixy + Bl

+
B, +Biy, p, +Biy

Each of these dimensionless norms is equal to or greater than 1/2. As m goes to infinity, each
dimensionless norm goes to 1/2.



